Inelastic dark matter, in which WIMP-nucleus scatterings occur through a transition to an excited WIMP state ∼ 100 keV above the ground state, provides a compelling explanation of the DAMA annual modulation signal. We demonstrate that the relative sensitivities of various dark matter direct detection experiments are modified such that the DAMA annual modulation signal can be reconciled with the absence of a reported signal at CDMS-Soudan, XENON10, ZEPLIN, CRESST, and KIMS for inelastic WIMPs with masses O(100 GeV). We review the status of these experiments, and make predictions for upcoming ones. In particular, we note that inelastic dark matter leads to highly suppressed signals at low energy, with most events typically occurring between 20 to 45 keV (unquenched) at xenon and iodine experiments, and generally no events at low (∼ 10 keV) energies. Suppressing the background in this high energy region is essential to testing this scenario. The recent CRESST data suggest seven observed tungsten events, which is consistent with expectations from this model. If the tungsten signal persists at future CRESST runs, it would provide compelling evidence for inelastic dark matter, while its absence should exclude it.
I. INTRODUCTION
The DAMA collaboration has observed an annual modulation in the nuclear recoil rates of their experiment with a confidence level that now exceeds 8σ [1] . This observation is consistent with weakly interacting massive particles (WIMPs) in the halo striking the target nuclei slightly less and more often as the Earth moves with and against the WIMP wind.
The WIMP interpretation has been sharply criticized due to its apparent inconsistency with the null results of several other direct detection experiments, including CDMS and XENON.
In this paper, we demonstrate that inelastic dark matter [2] continues to offer a compelling explanation of both the annual modulation signal as well as the lack of a reported signal at CDMS, XENON, ZEPLIN, KIMS, CRESST and other experiments.
Inelastic dark matter (iDM) [2] was originally proposed to reconcile the DAMA annual modulation observation and null results from CDMS. The basic model is a simple extension of the standard WIMP model. An inelastic WIMP has two basic properties:
• In addition to the dark matter particle χ, there exists an excited state χ * , with a mass m χ * − m χ = δ ≈ β 2 m χ ∼ 100 keV heavier than the dark matter particle.
• Elastic scatterings off of the nucleus, i.e., χN → χN are suppressed, compared with the inelastic scatterings χN → χ * N.
The splitting δ is comparable to the kinetic energy of a WIMP in the halo. This causes the kinematics of the scattering process to be significantly modified compared with a WIMP that scatters elastically.
The altered scattering kinematics leads to a fundamental difference in how an inelastic WIMP shows up in direct detection experiments: only those with sufficient kinetic energy to upscatter into the heavier state will scatter off nuclei. The minimum velocity to scatter with a deposited energy E R is
where m N is the mass of the target nucleus and µ is the reduced mass of the WIMP/target nucleus system. This minimum velocity requirement means that experiments tend to probe only the higher velocity region of the WIMP halo velocity distribution. This simple modification leads to three key features that change the relative sensitivities of dark matter experiments. Specifically [2, 3] ,
• Heavier targets are favored over lighter targets -For a given E R and δ, a range of velocities in the halo will be accessible to a given dark matter experiment. Eq. (1) shows that the range available for heavier target nuclei will be greater than that for lighter targets. Because the WIMP velocity distribution is expected to fall rapidly above the peak velocity of ∼ 220 km/s, targets with heavier nuclei tend to have greater sensitivity than those with lighter nuclei.
• Modulation of the signal is significantly enhanced -For conventional WIMPs, the modulation is typically of the order of a few percent. For inelastic WIMPs, because one is generally sampling a higher velocity component of the WIMP velocity distribution, where numbers are changing rapidly as a function of velocity, the modulation can be much higher. In the extreme limit, it can be such that there are particles available to scatter at DAMA/LIBRA in the summer, but not in the winter, yielding a 100% modulation of the signal.
• The spectrum of events is dramatically changed, suppressing or eliminating low-energy events -The spectrum of conventional WIMPs rises exponentially at low energy. As a consequence, significant sensitivity gains can be achieved by pushing the energy threshold of the experiment to ever lower energy. With inelastic DM, however, the kinematical changes cause the signal to be suppressed or even eliminated at sufficiently low recoil energies. The result is a spectrum which can peak at 20 keVr and above.
In this paper we demonstrate that together, these effects can reconcile DAMA/LIBRA with the null results of other experiments. The CRESST experiment, with its tungsten target, has a robust sensitivity. We shall see that the seven tungsten events seen there are consistent with expectations from this scenario.
Before proceeding to quantitative studies of the different experiments, we consider qualitatively how the above differences from conventional WIMPs reconcile the various experimental results. As a first example, we consider the limits of CDMS (Ge) on DAMA. As germanium is significantly lighter than iodine, the sensitivity of CDMS is considerably reduced. Indeed, for some regions of parameter space, no WIMPs in the halo are capable of inelastic scattering at CDMS, while some are capable of scattering at DAMA/LIBRA. In practice, there is some residual sensitivity in CDMS to inelastic WIMPs at the high-velocity edge of the halo distribution. This suggests that bounds on inelastic WIMPs are rather sensitive to the velocity cutoff; we treat this carefully below.
In contrast to CDMS, the XENON experiment should be sensitive to inelastic nuclear recoils in a similar way to the DAMA experiment due to the close proximity of the respective target nucleus masses (Xe and I). However, here there are two crucial differences between the two experiments' reported results: (1) the XENON experiment's energy threshold is far smaller than DAMA's (unquenched) energy threshold, and (2) XENON took their data between October 6 to February 14, which happens to be roughly during the time when the Earth travels with the galactic WIMP wind, thus reducing average WIMP velocity.
Due to a combination of effects from kinematics and nuclear form factors, conventional
WIMPs have a rapidly falling spectrum as a function of energy. This has led to a significant push to lower the energy threshold of experimental searches, in order to optimize sensitivity.
XENON's bound on the cross section, for instance, is especially strong because of the dearth of events from 4.5 -14.5 keV. By comparison, interpreted as unchanneled iodine scatters, the unquenched energy range for the DAMA annual modulation signal is roughly 22-66 keV.
Hypothesis-testing approaches for elastic WIMPs can achieve very stringent limits, even in the presence of background events at high energy, if the low energy region is under good control.
In contrast, an inelastic WIMP that leads to an annual modulation in DAMA often recoils off nuclei with energies in a range that is nearly orthogonal to the range used by XENON to set their bounds on elastic scattering WIMPs. This is particularly interesting as XENON's blind search identified nine candidate events between 14.5 keV to 26.9 keV, and (outside their analysis range) another fourteen candidate events between 26.9 keV to 45 keV. This spectrum is certainly inconsistent with the distribution of nuclear recoils expected from an elastic scattering WIMP. Yet, we demonstrate that inelastic WIMPs with masses O(100 GeV) can be made consistent with the DAMA annual modulation, leaving no trace in the low energy bins of XENON, while contributing between a few to tens of nuclear recoil events in the XENON high energy bins. Thus, we find that XENON does not rule out inelastic dark matter precisely because they have twenty-three events in the signal region where inelastic
WIMPs would be expected to be found.
Finally, the heightened sensitivity to the high-velocity part of the WIMP halo velocity distribution causes the modulation effect to be significantly enhanced. This makes the time of year of an experiment's run especially important. If the modulation is a few percent, the precise dates of data taking are of little consequence, but in the presence of O(1) modulation, it can clearly change the limits. In the extreme case, where at some times of the year there are no dark matter particles capable of scattering, it can remove all sensitivity of (in this case) XENON to DAMA signals.
These qualitative arguments are borne out by more careful analyses. The layout of the paper is as follows: in section II we discuss, without reference to halo models, the relative implications of unmodulated signals to the DAMA modulation signal, and show that consistency of the DAMA signal arising from quenched iodine scatters requires a model with low-energy events suppressed, and modulation enhanced well beyond the standard ∼ 2% level expected for a standard WIMP. In sections III and IV, we discuss models for iDM and the kinematical implications of iDM at various experiments, which include such low-energy suppressions and enhanced modulation. In section VI we discuss the limits arising from various experiments, and find the allowed parameter space for these models.
We find significant regions of parameter space open, with masses ∼ 50 − 200 GeV, which are otherwise closed in the absence of inelasticity. Finally, in section VII, we consider the implications of the limits for current and future experiments, and conclude.
II. ASTROPHYSICS-INDEPENDENT IMPLICATIONS OF DAMA AT OTHER DARK MATTER EXPERIMENTS
Before we discuss the particular scenario of inelastic dark matter in more detail, we would like to point out some of the implications that DAMA has for other similar mass target experiments (i.e., those with iodine or xenon targets), which are essentially independent of astrophysical assumptions. Later, in section VI, we will discuss the specific limits that pertain to the inelastic scenario.
A. DAMA/LIBRA
The DAMA/LIBRA publication of the results of an exposure of 0.53 ton-years of NaI(Tl) [1] , has shown continued presence of the annual modulation signature, with a current significance of 8.2σ. In the 2-6 keV range, a modulated amplitude of 0.0131 ± 0.0016 cpd/kg/keV is found. The tension of DAMA/LIBRA with other experiments in the context of standard WIMPs is well known [4] , and has prompted a number of alternative explanations, including spin-dependent interactions [5] , light WIMPs [6, 7] , mirror dark matter [8] , as well as inelastic dark matter [2] .
DAMA's new data also include the modulation spectrum, which is important for our analysis. This allows analyses beyond simple rate fits where instead actual tests of the spectrum can be performed for a given model. In the context of inelastic dark matter, we will see that this significantly constrains the acceptable range of parameter space from the DAMA data alone, even before appealing to limits from other experiments.
DAMA/LIBRA's has also published its unmodulated single-hit spectrum, giving important additional information beyond the modulated signal, since for a scattering WIMP these rates can be related.
Let us assume that the DAMA rate has a functional form
Thus, the modulated amplitude is S m = αS 0 . In this parameterization, α = 1 is total modulation, while α = 0.02 corresponds to the standard 2% modulation. Using the measured modulated amplitude in the 2-4 keV bin of 0.0223 cpd/kg/keV [1] , we can predict an umodulated rate of the size S 0 = (0.0223/α) cpd/kg/keV. In the same energy range, the measured single-hit unmodulated rate is about 1 cpd/kg/keV. Since this single-hit rate does not discriminate against electron recoils aside from requiring the single hit, there should still be a sizeable background; thus a reasonable limit is that the dark matter signal not be larger than the observed rate. This determines that α > ∼ 0.02, which is generally consistent with modulation, but requires a significant fraction of the observed rate to be arising from genuine WIMP events. Such constraints can be even more stringent if the signal is rising in the lower energy bins, which leads to a slight tension between the modulated and unmodulated rates at DAMA, assuming standard modulation. This expectation will be borne out in the more detailed analysis of section VI, and suggests that enhanced modulation from inelasticity may provide a more natural fit with the lack of a significant rise in the DAMA unmodulated rate. Because there are always a number of assumptions that go into any analysis, it is often difficult to know how to interpret relative limits in the absence of a dedicated analysis. We argue here that, because of the kinematical similarities between Xe and I, there is a model independent exclusion that can be done. A similar analysis would be true for COUPP and KIMS which both contain iodine.
Let us begin with the assumptions: we assume that the annual modulation at DAMA is arising from quenched iodine recoils, arising from some spin-independent interaction. In this section, we make no assumptions about the halo velocity distribution.
The strong constraints from XENON arise from the lack of events in the low energy data.
If the DAMA data are quenched iodine scatterings, however, the 2-6 keV DAMA events implies events in XENON's 22-66 keV nuclear recoil bins. While XENON has only one event in the acceptance region below 14.5 keV, it has nine in the range 14.5 keV < E R < 27 keV and another fourteen in the range 27 keV < E R < 45 keV. To what extent does this constrain DAMA?
If we are agnostic about the rates at energies below 22 keV, we can still make a statement that averaged over the course of the year, XENON should see a rate of S m /α, as defined in Eq. (2) . The reported data taking at XENON occurred during a trough in the signal (i.e., in the winter), thus the expected signal rate present in the XENON data is simply
where ǫ c , A nr are respectively the software cut acceptance and the nuclear recoil acceptance.
Using DAMA's measured modulated amplitude in the 2-4 keV range, the published XENON acceptances, efficiencies, and exposure [9] and assuming the acceptance extrapolates to ǫ c × A nr = 0.3 above 27 keV [44] , we find an expected number of signal events at XENON
Assuming all 18 XENON events between 22 and 44 keV are signal, one finds α ≃ 0.19.
If one instead takes the 90% CL upper limit for 18 observed events, while simultaneously taking the 90% CL lower value for the DAMA modulation, one finds α > ∼ 0.12.
One can run a similar analysis for the ZEPLIN-II experiment [10] . There, one finds a similar number, except that ZEPLIN-II ran at a more optimal time, near the peak of the modulation. Thus, we instead have
Comparing this with the apparent twenty events in what is equivalent to the DAMA range, one must have 25% modulation if they are all signal. Again, if we take the the 90% maximum value number of events in this range, based upon these twenty, and the 90% lower value of the DAMA modulation in the same range, one arrives at the weaker limit of α > ∼ 0.08. Thus, any model explaining DAMA in the context of quenched iodine scatters, which is what would arise naturally for an O(100 GeV) WIMP, must satisfy two important constraints: it must have few events below 14.5 keV, and it must have a modulation of at least ∼ 10%. These two features are what make standard WIMP explanations of DAMA in conflict with XENON and ZEPLIN. However, these are precisely the features that arise naturally in an inelastic dark matter model.
III. MODELS OF INELASTIC DARK MATTER
Inelastic dark matter [2] was originally proposed to reconcile DAMA and CDMS-SUF. As described above, it involves a dark matter candidate with an excited state with a splitting
It is assumed that elastic (i.e., χN → χN, with N some nuclear target) scatters are highly suppressed, while inelastic scatters (χN → χ * N) are allowed.
Such features arise in the context of Z-boson exchange. For a complex scalar, such as a sneutrino, the Z couples off-diagonally between the real and imaginary components, which can then be split via lepton number violating terms [11] . Mixed sneutrinos [12] are one candidate for inelastic dark matter [2, 3] [45].
Alternatively, a Dirac fermion, such as a fourth-generation neutrino, is comprised of two Majorana fermions, which are degenerate by an effective U(1) symmetry. The vector coupling is similarly off diagonal between them, and so splitting them with a U(1) breaking term can also naturally achieve a model of inelastic dark matter [3] . One supersymmetric candidate would be a neutralino in approximately R-symmetric supersymmetry [13] .
The spectra of modulated events at DAMA for a 100 GeV WIMP with δ = 120 keV. The unmodulated spectrum is similar.
IV. KINEMATICAL EFFECTS OF INELASTIC DARK MATTER
If a WIMP with mass m χ and splitting δ scatters off of a target nucleus with mass m N and a given nuclear recoil energy E R , the minimum velocity is given by Eq. (1). There are two important features of this equation. First, β min is generally a falling function of m N , favoring heavy targets (e.g., iodine) over lighter targets (e.g., germanium or silicon).
Secondly, it has a local minimum as a function of E R . That is, low values of E R can require higher values of β in order to scatter. This has the result of suppressing low energy events, whereas a standard WIMP has more events at lower energies. As an illustration, we show the spectrum of the modulated signal at DAMA/LIBRA for a 100 GeV WIMP with δ = 120 keV in figure 1. The spectrum of the unmodulated signal is similar.
For the values of δ for which this spectral deformation is significant, we are dominantly sampling the high velocity tail of the velocity distribution. As a consequence, the modulation can be significantly enhanced. In figure 2 , we show the ratio of the modulated and unmodulated signals at DAMA/LIBRA in the 2-6 keV range as a function of the splitting parameter δ. Remarkably, the modulation can achieve a level of 100% at high δ. This arises when there are particles whose velocity is high enough to scatter at DAMA in the summer, but not in the winter. While this 100% modulation is a finely tuned situation, we will see that our fits to the DAMA signal typically require large values of δ, and have significant levels of modulation, generally ∼ 30%. Thus, in comparing with the model-independent analysis of section II B, we can already see that consistency with XENON is fairly straight-
The modulated fraction of events as a function of δ (in keV) for m χ = 100 GeV.
forward. (For 30% modulation, we would expect roughly half of the events in the 14.5 keV -45 keV range to be genuine WIMP scatters.) Since we are sampling high velocity WIMPs, it is clear that a careful treatment of the escape velocity is important.
How we treat the velocity distribution is also important in determining the region allowed by both DAMA and CDMS. In fact, because the limits from CDMS are so strong, consistency with DAMA usually requires higher δ as well, where there are few or no particles in the halo capable of scattering at CDMS. As an heuristic tool, we show in figure 3 the values of δ and m χ where there simply are no particles in the halo capable of scattering at CDMS for different values of the galactic escape velocity. To the right of these lines, CDMS has no sensitivity, and in the neighborhood of these lines, the CDMS sensitivity is highly suppressed.
These are the principal effects that reduce the sensitivity of CDMS versus DAMA, and allow consistency between the experiments.
V. RATES, BENCHMARK POINTS AND SPECTRA
To calculate the rates, we employ the standard techniques for nuclear recoils [14, 15] .
The event rate at a given experiment is given by
Here M N is the nucleus mass, N T is the number of target nuclei in the detector, ρ χ = 0.3 GeV/cm 3 is the WIMP density, µ ne is the reduced mass of the WIMP-nucleon system,
is the nuclear form factor, and f (v) is the halo velocity distribution function. We choose to normalize our results for f n = f p = 1. While form factor dependencies at low recoil energies should be modest, the errors at large recoil energies can be significant [16] . In particular, it is known that the Helm [17] form factor can overestimate rates by 25% or more. Because inelastic dark matter suppresses low energy events, keeping higher energy events, such uncertainties can be especially important.
As a consequence, we shall use the parameterized two-parameter Fermi model [16] for our signal (iodine), and for tungsten, which will be our most stringent constraint. For other targets, we will use a version of the Helm form factor [14, 15] ,
with q = √ 2m N E R , s = 1 fm, r 0 = √ r 2 − 5s 2 , and r = 1.2 A 1/3 fm. This form factor will slightly overestimate limits from CDMS, ZEPLIN and XENON, and so is conservative.
Because of uncertainties like this, it is worth remembering that precise values of exclusion plots may not be reliable. Hence, while an exclusion by an order of magnitude is likely robust, a 40% difference from expected rates, as we shall find for CRESST, may well not be.
For the halo distribution, we assume a Maxwellian form, with a one-dimensional velocity dispersion v 0 , truncated at v esc . We assume that the local rotational velocity is set by the dispersion velocity, i.e., v rot = v 0 [18] .
Previous studies of inelastic dark matter did not include physical escape velocity cutoffs. The initial analysis [2] included no escape velocity cutoff, while the second [3] made the approximation that any scattering that required β min c > v esc was simply set to zero [46] . Previously, when the DAMA spectral data were not published, and the experimental constraints were less severe, such an approximation was more reasonable. Now, however, a more rigorous treatment of the escape velocity is important, especially since simply removing forbidden events tends to overestimate rates at large δ, while underestimating modulation [3] .
Thus, we form a velocity distribution and boost into the Earth's rest frame, using the Earth velocity given in [14] , updated with the Sun's velocity in [19] . The current range for v esc is 498 km/s < v esc < 608 km/s at 90% confidence [20] . We will take escape velocities of 500 km/s and 600 km/s, and set the velocity dispersion to be 220 km/s.
A. Benchmark Points
Before moving on to consider the full allowed parameter space, in table I we show a few benchmark parameter points that are consistent with all experiments. They were obtained by taking our best fit points to DAMA's spectrum, for σ n and δ at a given mass, and then increasing δ until consistency with all experiments was obtained. For all these points, v 0 = 220 km/s and v esc = 500 km/s, where CRESST was the strongest constraint. The iodine modulated signal has overall rates consistent with that observed in the 2-6 keV range at DAMA/NaI and DAMA/LIBRA. However, quite unlike the rapidly rising rates expected over most ranges of parameter space for conventional WIMPs, the spectra turns over at low energies, see figure 4 . This shape is natural in iDM, and is driven by the low value of the 2-2.5 keV bin in the DAMA spectrum. Thus, even before considering other experiments, we are pushed to large values of δ where such spectral features occur.
At low masses (∼ 60 GeV), the finite galactic escape velocity can put the entire region preferred by DAMA out of the CDMS range. At higher masses CDMS becomes relevant, but its limits are weakened by the fact that the peak of the inelastic spectrum is located near 64 keV, where an event was observed. This spectrum is shown in figure 5 . The future ability of CDMS to test these high mass ranges will depend principally on controlling background in the 50-100 keV range.
The XENON and ZEPLIN rates are similarly under control, and the spectrum is as required by the model independent analysis of section II. Namely, the rates are essentially zero below 15 keV, as shown in figure 6 . As already mentioned, the DAMA spectral data also prefer this low-energy suppression. KIMS rates are well below their measured value, which includes background, but often only a factor of three or so smaller. As a consequence an improvement in KIMS has a strong chance to test this scenario. We show the iodine spectrum (which is similar to the xenon spectrum) in figure 7 . The signal range is dominantly within the KIMS scope.
As a side note, it is often observed that the DAMA unmodulated spectrum does not rise dramatically in the region where the modulation is present. In iDM scenario, this feature is not problematic because the DAMA unmodulated spectrum is expected to go to zero at low energies, similar to figure 7.
Finally, we consider the situation at CRESST. Although the event rates are generally slightly higher than the seven events seen at CRESST, they are still within or very nearly within the 90% Poisson confidence interval. From fig. 8 we see that iDM typically produces significant event rates above 40 keV (the cutoff employed for the exclusion in [21] ). While conventional WIMPs have 95% of their events below 40 keV, we have for our benchmark points, 4%, 8%, 13%, 16%, 18%, and 21% above 40 keV for 70 GeV, 90 GeV, 120 GeV, 150
GeV, 180 GeV and 250 GeV, respectively at a tungsten experiment. Consequently, a much higher range in energies should be explored, if possible.
VI. LIMITS AND ALLOWED PARAMETER SPACE
In the next subsections we discuss the specific limits set by the different experiments. Our assumptions for the data-taking periods will also be specified in the cases where the data are known to be taken non-uniformly during the year. For CDMS, CRESST, XENON, and ZEPLIN we use the p max method, as described in [22] , to set our limits. This method gives comparable limits to the better known optimum interval method, but is easier to implement [22] . We do not take into account finite energy resolution for any of the experiments, in particular at DAMA, where DAMA/NaI and DAMA/LIBRA may have different energy resolutions. As usual, all events are considered as potential signal events when determining the limit. Finally, as a check of our methods, we have verified that our limits for δ = 0 are consistent with the published results from CDMS and XENON.
A. DAMA
To determine the allowed regions, we take advantage of the newly released binned data from DAMA/LIBRA [1] . Scattering off of Na and I requires quenching factors to convert to keV electron equivalent, which we take to be q N a = .3 and q I = .085. We use the twelve 0.5 keV width bins between 2.0 -8.0 keV, and their relative uncertainties to determine a χ 2 function. We do not fit to their high-energy bins as the inelastic spectrum falls off quickly at higher energy. In our two dimensional plots, we find the best fit point by setting values both for the unplotted variable (δ or m χ ) and the astrophysical parameters. For a goodness of fit, we require that the best fit point on each plot have a χ 2 min < 10, given that we have 12 bins and 2 free parameters. To take into account regions with a reasonable χ 2 , we plot contours of 90% and 99% confidence for two parameters, corresponding to χ 2 = χ 2 min + 4.61 and χ 2 min +9.21. In particular, our benchmark points were obtained from deviating from best fit points, all with χ 2 min < 5.2, and except for the 70 GeV benchmark, within the allowed 90% range in ∆χ 2 .
DAMA has also released the rates for their unmodulated spectrum [1] . The collaboration has not provided an estimate of the expected background rates in these bins; the only method to discriminate against electron recoils is the requirement that only a single detector receives a hit per event. Since this suggests a sizeable unmodulated background, we take as a limit that the expected signal rate is not larger than the measured rate in any of the first ten bins, covering the range from roughly 0.87 keV to 3.12 keV. As alluded to earlier in section II A, this limit is in tension with standard modulation and thus can rule out regions with small δ, suggesting that for the mass range we explore, DAMA's full data set prefers inelastic dark matter over elastic dark matter. Finally, we have not included channeling as discussed in [23] , as our signal is zero at low recoil energies, where this effect is important. At higher recoil energies, this amounts to a small correction to the overall rate. However, since we do not have simulations to apply it to the other experiments with target crystals such as CRESST, we opt not to apply it for consistency.
B. CDMS
For limits from the CDMS experiment, we consider data from the three runs at CDMSSoudan. CDMS has given the effective germanium exposures weighted for a 60 GeV mass WIMP; these numbers approximately apply for an inelastic WIMP, since their acceptance is roughly constant over their energy range. In particular, the first run had 19.4 kg-day [24] , the second 34 kg-day [25] , and the latest 5 tower run had 121.3 kg-day [26] . In total, these runs saw two events, one at 10.5 keV and the other at 64 keV. We have not included scattering off of silicon as this is highly suppressed when the limits from germanium scattering are applied.
C. XENON
For the limits from XENON [9] , we consider not only the low energy bins between 4.5-27
keV, as analyzed in their limits, but also the high energy region from 27-45 keV [27] . From the discussion on the model-independent limits from XENON, the latter region is potentially the most relevant for seeing any WIMP that produces the DAMA signal by scattering off of iodine. To proceed, we again assume that the acceptance at high energies is a constant at 
D. CRESST
We include the published results from the CRESST-II experiment [28] and also include commissioning results recently published [21, 29] . These new results gives the strongest constraint on inelastic dark matter. From their older analysis [28] , we use both the DAISY and JULIA detectors which had an exposure of 20.5 kg-day and acceptance of 0.9. Recent analyses have only included the DAISY detector, which had no events from 12-50 keV with Q=40, and only one when varying the quenching factor within experimental uncertainty, by arguing that the JULIA detector had poorer light resolution. However, it is not clear that an explicit light resolution cut was established prior to that analysis, or prior to the most recent run, and it seems most proper to include the full set of the initial run in this analysis. From the earlier run, we use the five events observed between 12 to 50 keV, which includes the event allowed by the uncertainty in the quenching factor. From the analysis of the commissioning run [21, 29] , we use the exposure of 47.9 kg-day and acceptance of 0.9, and include the seven observed events from 12 keV to 100 keV. To take into account the difference in energy regions, we do not integrate the previous run over 50 to 100 keV.
We only implement scattering off of the tungsten (W) in their CaWO 4 crystals, as calcium and oxygen scatterings should be sufficiently suppressed. Finally, the early CRESST run was from January 31st to March 23rd in 2004, and the new run was from March 27th to July 23rd in 2007. We therefore average over the velocity distributions of February and March, and April through July, respectively.
The presence of seven events in this experiment is an exciting new result, because it is consistent with the O(10) events expected from iDM. However, the number is slightly smaller than would have been naively expected for iDM, and so it is worth making a few comments on some particular issues of the analysis. First of all, we have not taken into account any energy resolution of the measured values on our limits. This can potentially have a significant effect, since moving the observed points by 1 keV (the listed energy resolution at CRESST) can impact the limit from the p max technique dramatically, potentially allowing more parameter space. Such uncertainties should be included in any future interval-based analyses at CRESST with such few events. Also, since this includes commissioning (non-blind) data, and because the tungsten acceptance window has not been directly measured, it may be more prudent to consider a more conservative analysis where we include all nuclear recoil events in the limit. With such a small number of events presently included, such effects can change limits significantly, since this changes the observed nuclear recoils from seven to nine. Finally, because at CRESST, the signal region for iDM goes over a region where the form factor goes to zero, calculating the expected events for any type of interval approach to exclusion plots has subtleties which may introduce additional uncertainties.
These subtle quantitative issues aside, we are encouraged that there are a substantial number of nuclear recoil events at a well-shielded tungsten experiment. These observed events do not seem consistent with neutron background, since such events should dominantly appear above the tungsten acceptance region. Should future data continue to defy background expectations, it is worth noting that a joint χ 2 for DAMA and the most recent seven events at CRESST, i.e. χ
, has a decent fit. For example, for our 90 GeV benchmark point, this gives a χ 2 total = 7.1 for eleven degrees of freedom. This means that considering both DAMA and CRESST as signal allows points with a reasonable goodness of fit.
E. KIMS
The KIMS experiment [30] has a robust target (iodine in their CsI(Tl) crystals) and energy range (3-11 keV electron equivalent) to probe the iDM explanation for DAMA. KIMS has extracted their rate for nuclear recoil events, but has not parameterized the background expectation in this range. As a simplified limit, we require that the signal rate not be larger than the measured rate plus 1.64 times its error in each of the first five bins individually, covering 3-8 keV. To do more than this requires a background estimation which is beyond our capabilities. However, even this naive limit can be competitive with the other experiments, so it would be interesting to see what a dedicated analysis would find. signal events in the region, which places a strong constraint on the allowed parameter space, ruling out significant parts of the DAMA preferred region. However, as we are treating the events in XENON10 as signal for the purposes of setting bounds, it seems most appropriate to take the same approach to ZEPLIN-II. Therefore we will also treat the ZEPLIN observed events as signal, which by Poisson statistics limits the expected signal to be less than 37.2 events. The limit depends sensitively on the expected background rate. For instance, if the background normalization is off by a factor of two, giving 14.3 ± 2.15 events, the Poisson limit is 23.4 events which allows almost all of the DAMA 90% CL regions. In the end, we apply a conservative limit using the p max method treating all 29 events as signal, but if it is borne out that ZEPLIN is capable of robustly modeling their backgrounds, limits taking into account background expectations will rule out larger regions parameter space.
G. Allowed Parameter Space
Using the limits from [20] , figure 9 shows plots with v esc = 500 km/s, at the low end of the 90% confidence range for v esc , which has the weakest constraints from CDMS. The given benchmark points, aside from the one with m χ = 70 GeV lie within the 90% confidence interval range at DAMA, and are consistent with p max limits from the other experiments.
Figures with v esc = 600 km/s would look similar, but with a slightly smaller DAMA region consistent with all of the limits. constraining experiments are CDMS and ZEPLIN. The CDMS limit is weakened by the presence of the event at 64 keV, which is near the peak expected signal at a germanium experiment (see figure 5) . Next in strength, XENON and KIMS have similar limits. As stated earlier, we treat all events as signal in obtaining these limits, and stronger constraints would be obtained by taking into account the ZEPLIN background estimates. XENON is competitive at small δ, but is weaker at large δ. This is because at large δ, the enhanced modulation reduces its event rate and the expected signal is peaking where XENON observed the bulk of its events. Finally, while the DAMA unmodulated limit does not significantly constrain the inelastic scenario, it does strongly constrain the allowed regions at small δ (not shown in the plots). This indicates that for the mass range we consider, the DAMA data alone prefer an inelastic explanation of the modulated signal over an elastic one.
For larger WIMP masses ∼ 500 − 1000 GeV, CDMS provides the dominant constraint on the inelastic scenario. For these heavier WIMPs the CDMS constraint is still consistent with DAMA at 99%CL.
The annual modulation measured by DAMA/LIBRA is smaller than that measured by DAMA/NaI (0.0107±0.0019 versus 0.0200±0.0032 cpd/kg/keV in the 2-6 keV recoil-energy range). Since the discrepancy is ∼ 2σ, it is conceivable that this is simply a statistical fluctuation, and this justifies the combined analysis of the data sets. However, the DAMA/LIBRA experiment, constructed as an upgrade of DAMA/NaI experiment, could reasonably be considered as an independent measurement, and studied separately, particularly because it is under better control and monitor. Although we lack spectral data, we can compare the region favored by DAMA/LIBRA total modulation as an additional comparison. The 90% and 99% CL contours obtained using the annual modulation measured by DAMA/LIBRA alone, in the 2-6 and 6-14 keV bins, are shown in red and green, respectively, in figures 9 and 10. Because the annual modulation is smaller, lower cross-sections are preferred by DAMA/LIBRA and there is less tension with CRESST and other experiments. The absence of spectral information means that δ is also less constrained by this fit. However, assuming that the DAMA/NaI and DAMA/LIBRA spectra are similar, a full spectral analysis for DAMA/LIBRA would give a preferred region with a similar δ range as for the combined analyis, but with lower σ.
If we take into account all experimental data except the updated results from CRESST, the allowed parameter space is broader here than in the previous analysis [3] . This is essentially due to three reasons: (1) the DAMA parameter space has moved down slightly (due to the lower values at DAMA/LIBRA), (2) our velocity cutoff no longer uses the unphysical approximations in [3] , weakening the limits, and (3) Three additional key points are in order: first, because of the non-standard spectrum of these theories, dedicated analyses are necessary to truly optimize the search strategies.
Extrapolations of limits based upon standard WIMPs, which are dominated by the lowest energy bins, are clearly inappropriate, especially as the best fit points seem to lie at higher values of δ. Secondly, since we find higher δ is consistent with the DAMA/LIBRA data, the signal itself is dominated by inelastic WIMPs at high velocities, where the halo may not be Maxwellian. As a consequence, although model-dependent limits are important, there is a need for more model independent analyses, as we have described above for XENON10, whose results depend only on particle physics, rather than astrophysical, assumptions. Finally, as we have emphasized, the compatibility of inelastic dark matter with XENON10 requires a modulation greater than roughly 10%, and can easily be 30% or greater. Even with their present data, both XENON10 and KIMS should be able to make tests of the very large modulation possibility, which may have been statistically impossible if it were only ∼ 2%.
VII. DISCUSSION
In light of the recent results from DAMA/LIBRA, it is important to continue to consider whether simple, viable models of dark matter exist which can reconcile the presence of the annual modulation signal with the lack of a reported signal from the many other experiments.
Most recent analyses [35, 36, 37, 38] have focused on the light (∼ few GeV) regions of parameter space, and have exploited the possibility of channeling [23] in opening low mass windows.
In contrast, the mass range for inelastic dark matter is more typical of a standard WIMP.
The inelastic scattering can arise quite simply from particle physics models with approximate symmetries, and so remains an appealing possibility, quite distinct from the low-mass window.
Of particular interest is the spectral data from DAMA/LIBRA. The low (2 −2.5 keV) bin shows significantly lower modulation than what usually occurs for most WIMPs, where the lowest bin often (but not exclusively) shows the highest modulation. This spectral feature arises automatically with inelastic dark matter, and drives our numerical fits to large values of δ, where modulation is enhanced, and low energy rates at other experiments are highly suppressed.
We have seen that the three basic features of iDM, namely, preference for heavy targets, enhanced modulation, and suppression of low-energy events, allow the DAMA modulation to be consistent with other experiments. CDMS is suppressed due to its light target, while XENON is evaded by the suppression of events between 4.5 and 14.5 keV.
Interestingly, experiments such as ZEPLIN and KIMS, which are significantly weaker than XENON and CDMS for conventional WIMPs, are competitive in studies of inelastic dark matter. This is because they have target masses similar to iodine, and their energy range focuses on the range most relevant for studying the DAMA signal. In addition to studies similar to those presented here, studies of modulation in the presence of background events may prove quite effective, as the modulated fraction can be O(10%) with inelastic dark matter.
Of particular importance in this vein is CRESST. Aside from a xenon-target signal shifted to a higher energy range, the second robust prediction of iDM [3] was the inevitable signal from tungsten scattering events. The seven events arising in the CRESST experiment are consistent with the rate expected from iDM. Should they persist in future exposure, this would be strong evidence for the inelastic nature of dark matter. Conversely, the absence of such events would exclude the inelastic explanation of the DAMA modulated signal. . The nature of dark matter remains one of the most important questions in physics. We have seen here that the inelastic dark matter scenario continues to provide an explanation of the DAMA modulation, consistent with the results of other experiments. The robust predictions of this scenario make it exceedingly testable, and consequently, the next generation of experiments should determine if the dark matter is inelastic.
Note added: As this work was being prepared, [37] appeared, which also considered the inelastic scenario and concluded that the 50-200 GeV window for inelastic dark matter was excluded by CDMS and XENON. We disagree with this conclusion. We believe the different results obtained in [37] may have arisen from the approximations made there for the halo escape velocity and for the form of the modulation. 
